we state our main result for the bipartite case; the non-bipartite case is then an immediate corollary. ), and each of them, if tame, gives rise to only two con gurations in K.
We next obtain a lower bound for jKj, as follows. Fix an edge e=(v;u) of G, with v 2 A, u 2 B, and let G e denote the graph whose vertices are the neighbors of either u or v in G, and whose edges are the edges of G that connect pairs of these neighbors. Let A e , B e , E e denote the number of vertices in A, of vertices in B, and of edges of G e , respectively. Put V e =A e +B e .
We note that the (tame or bad) con gurations of the form (u;v;a;b;c;d), for the xed pair of vertices u;v, correspond in a 1-1 manner to the vertexdisjoint pairs of edges of G e . For a vertex a of G e , let e (a) denote the degree of a in G e .
Lemma 2.2. The number M e of tame pairs of edges in G e is at least Theorem 3.1. Let 2 k m be positive integers, and let G be a graph on n vertices which does not contain a copy of Q k;m , and also does not contain a copy of K k+1;k+1 . Then G has at most O(n 4k 2k+1 ) edges.
Proof. Note rst that the number of edges of a graph that satis es only the second assumption of the theorem is O(n 2? 1 k+1 ), and that this bound strictly dominates the bound asserted in the theorem, so the rst assumption is non-redundant for the asserted bound.
Again, we assume without loss of generality that G is a bipartite graph. We de ne a con guration to be a ( Let E denote the number of edges of G, and let N denote the number of tame con gurations. An easy upper bound for N is 2kmE k =O(E k ).
We next obtain a lower bound for N. We x an edge (u;v) of G and de ne G e exactly as in Section 2, namely, its vertices are the neighbors of u and the neighbors of v in G, and its edges are the edges of G that connect the neighbors of u to the neighbors of v. De ne, as above, V e and E e to be the number of vertices and edges of G e , respectively.
We claim that any matching of size k in G e gives rise to a tame con guration. ). Combining this with the upper bound O(E k ), we get E =O(n 4k 2k+1 ).
